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Abstract

The combined effects of creep and shrinkage of concrete and relaxation of prestressing tendons cause gradual changes in the stresses in
both concrete and prestressing tendons. A simple method is presented to calculate the long-term prestress loss and the long-term change
in concrete stresses in continuous prestressed concrete members with either carbon fiber reinforced polymer (CFRP) or aramid fiber rein-
forced polymer (AFRP) tendons. The method satisfies the requirements of equilibrium and compatibility and avoids the use of any
empirical multipliers. A simple graph is proposed to evaluate the reduced relaxation in AFRP tendons. It is shown that the prestress
loss in FRP tendons is significantly less than that when using prestressing steel, mainly because of the lower moduli of elasticity of
FRP tendons. The long-term changes in concrete stresses and deflection can be either smaller or greater than those of comparable girders
prestressed with steel tendons, depending on the type of FRP tendons and the initial stress profile of the cross-section under
consideration.
� 2006 Elsevier Ltd. All rights reserved.
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1. Introduction

The use of fiber reinforced polymer (FRP) tendons as
prestressing reinforcements have been proposed in the past
decade and a few concrete bridges have already been con-
structed utilizing fiber reinforced polymer (FRP) tendons.
Compared to conventional steel prestressing tendons,
FRP tendons have many advantages, including their non-
corrosive and nonconductive properties, lightweight, and
high tensile strength. Most of the research conducted on
concrete girders prestressed with FRP tendons has focused
on the short-term behavior of prestressed members;
research findings on the long-term behavior of concrete
members with FRP tendons are scarce in the literature.
The recent ACI Committee report on prestressing concrete
structures with FRP tendons (ACI 440.4R-04 [1]) has
pointed out that: ‘‘Research on the long-term loss of pre-
0950-0618/$ - see front matter � 2006 Elsevier Ltd. All rights reserved.

doi:10.1016/j.conbuildmat.2006.02.006

* Corresponding author. Tel.: +1 858 534 6470; fax: +1 858 534 6373.
E-mail address: vkarbhari@ucsd.edu (V.M. Karbhari).
stress and the resultant time-dependent camber/deflection
is needed . . .’’ Most of the research and applications of
FRP tendons in concrete structures have adopted either
carbon fiber reinforced polymer (CFRP) or aramid fiber
reinforced polymer (AFRP) tendons. The use of glass fiber
reinforced polymers (GFRP) has mostly been limited to
conventional reinforcing bars due to their relatively low
tensile strength and poor resistance to creep. Therefore,
this paper focuses on prestressed members with either
CFRP or AFRP tendons.

Creep and shrinkage of concrete, and relaxation of pres-
tressing tendons, cause long-term deformations in concrete
structures. While it is generally accepted that long-term
losses do not affect the ultimate capacity of a prestressed
concrete member, a reasonably accurate prediction of these
losses is important to ensure satisfactory performance of
concrete structures in service. If prestress losses are under-
estimated, the tensile strength of concrete can be exceeded
under full service loads, causing cracking and unexpected
excessive deflection. On the other hand, overestimating
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Nomenclature

A area of cross section
d vertical distance measured from top fiber of

cross section
E modulus of elasticity
Ecðt; t0Þ age-adjusted elasticity modulus of concrete
fpu ultimate strength of prestressing tendon
h total thickness of concrete cross section
I second moment of area
O centroid of age-adjusted transformed section
t final time (end of service life of concrete member)
t0 concrete age at prestressing
y coordinate of any fiber measured downward

from O

v aging coefficient
vr reduced relaxation coefficient
a ratio of modulus of elasticity of FRP or steel to

that of concrete
Dec(t,t0) change in concrete strain between time t0 and t

DeO change in axial strain at the centroid of age-ad-
justed transformed section O

Drc(t,t0) stress applied gradually from time t0 to its full
amount at time t

Drpr intrinsic relaxation

D�rpr reduced relaxation
Drp total long-term prestress loss
Dw change in curvature
ecs shrinkage strain of concrete between t0 and t

ec(t0) instantaneous strain at time t0

u(t, t0) creep coefficient between t0 and t

rc(t0) stress applied at time t0 and sustained to a later
time t

rp0 initial stress of prestressing tendon
q reinforcement ratio
w curvature
X the ratio of the difference between the total

prestress loss and intrinsic relaxation to the ini-
tial stress

Subscripts
1 transformed section at t0

c concrete
cc net concrete section
f FRP reinforcement or flange
p prestressing FRP tendon
ps prestressing steel tendon
s steel reinforcement
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prestress losses can lead to excessive camber and uneco-
nomic design.

The error in predicting the long-term prestress losses can
be due to: (1) inaccuracy in estimation of the long-term
material characteristics (creep and shrinkage of concrete
and relaxation of prestressing tendons); and (2) inaccuracy
of the method of analysis used. The objective of this paper
is to address the second source of inaccuracy by presenting
a simple analytical method to estimate the time-dependent
strains and stresses in concrete members prestressed with
FRP tendons. The method satisfies the requirements of
equilibrium and compatibility and avoids the use of empir-
ical equations, which in general show loss in accuracy to
enable generality. The inaccuracy in the material character-
istics used can be mitigated by varying the input material
parameters and establishing upper and lower bounds on
the analysis results.

For the purpose of this paper, and to avoid confusion, a
consistent sign convention is used. Axial force N is positive
when it is tensile. Bending moment, M, that produces ten-
sion at the bottom fiber of a cross section and the associ-
ated curvature w are positive. Stress, r, and strain, e, are
positive for tension and elongation, respectively. Down-
ward deflection is positive. It follows that shrinkage, ecs,
is negative quantity. The loss in tension in prestressing rein-
forcement due to relaxation Drpr or due to the combined
effects of creep, shrinkage, and relaxation, Drp, is negative
quantity. The analysis considered herein focuses on a pre-
stressed concrete section with its centroidal principal y-axis
in vertical direction with the coordinate y of any concrete
fiber or steel layer being measured downward from a given
reference point.
2. Relaxation of FRP prestressing tendons

Similar to concrete and steel, AFRP prestressing ten-
dons exhibit some creep if subjected to sustained strains.
CFRP tendons typically display insignificant amount of
creep, which can be neglected for most practical applica-
tions. When a prestressing tendon is stretched between
two points, it will be subjected to a constant strain. Because
of creep, the stress in the tendon decreases (or relaxes) with
time to maintain the state of constant strain. This reduction
in stress is known as intrinsic relaxation Drpr. While steel
tendons subjected to stresses less than 50% of the yield
stress do not exhibit appreciable amount of relaxation,
tests on AFRP tendons have shown that they display relax-
ation under very low stresses. The level of relaxation of
AFRP tendons depends upon many factors, including
ambient temperature, environment (e.g., air, alkaline,
acidic, or salt solutions), ratio of initial stress, rp0, to its
ultimate strength, fpu, and time t lapsed after initial stress-
ing. Based on extensive experimentation on relaxation
properties of AFRP tendons, Saadatmanesh and Tannous
[2] suggested a relationship of the form:

Drpr

fpu

¼ k� ða� b log tÞ
k

ð1Þ
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where k = rp1/fpu. rp1 is the stress in the tendon 1 h after
stress release. Ratios of rp1/rp0 in their tests varied between
0.91 and 0.96, with an average of 0.93. Tabulated values of
the variables a and b were provided for k = 0.4 and k = 0.6,
and for different temperature levels and solution types. For
AFRP tendons in air at a temperature of 25 �C, relation-
ships for a and b were proposed [2] as

a ¼ k� 0:03; b ¼ k� 0:27

23
ð2Þ

In a prestressed concrete member, the two ends of the pres-
tressing tendon constantly move toward each other because
of creep and shrinkage of concrete, thereby reducing the
tensile stress in the tendon. This reduction in tension has
a similar effect to that when the tendon is subjected to a les-
ser initial stress. Thus, a reduced relaxation value, D�rpr,
should be used in the analysis of long-term effects in pre-
stressed members, such that
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Fig. 1. Reduced relaxation coefficient vr for AFRP.
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D�rpr ¼ vrDrpr ð3Þ
where vr is a dimensionless coefficient less than unity. Fol-
lowing an approach previously suggested by Ghali and
Trevino [3] to evaluate vr for prestressing steel tendons, vr

for AFRP tendons can be calculated as (log t in Eq. (1) is
taken equal to 5 for 100,000 h):

vr ¼
Z 1

0

kð1� XfÞ � ða0 � 5b0Þ
ð1� XfÞðk� ða� 5bÞÞ df ð4Þ

where

a0 ¼ kð1� XfÞ � 0:03; b0 ¼ kð1� XfÞ � 0:27

23
ð5Þ

and f is a dimensionless time function defining the shape of
the tendon stress–time curve. The value of f increases from
0 to 1 as time changes from initial prestress time t0 to final
time t. X is the ratio of the difference between the total pre-
stress loss Drps(t) and intrinsic relaxation Drpr(t) to the ini-
tial stress rp0, expressed as

X ¼ �DrpsðtÞ � DrprðtÞ
rp0

ð6Þ

Fig. 1 shows the variation of vr with X for rp0/fpu = 0.4,
0.5, and 0.6, which represents the common values of initial
prestressing ratios [1]. As will be shown in a later section, X
typically varies between 0.1 and 0.2 and a value of vr = 0.95
can be assumed for practical purposes.
3. Proposed method of analysis

The analysis follows the four generic steps proposed by
Ghali et al. [4] and depicted schematically in Fig. 2. The
procedure can be developed considering an arbitrary
cc (t0)
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section consisting of a simple type of concrete, subjected at
time t0 to both prestressing and dead loads. The method
will result in a simple equation that is easy to use by prac-
ticing engineers instead of lengthy matrix analysis that
could only be used in special-purpose computer programs.
In addition to the initial strain profile of the cross section,
the equation is only a function of four dimensionless coef-
ficients that can be easily calculated (or interpolated from
graphs) and the creep coefficient and shrinkage.

3.1. Initial steps

Step 1: Instantaneous strains. At any fiber, the strain and
the curvature at time t0 due to the dead load and prestress-
ing effects (primary + secondary) can be calculated. Alter-
natively, at this stage, the designer may have determined
the stress distribution at t0 to verify that the allowable
stresses are not exceeded. In this case, the strain diagram
at t0 can be obtained by dividing the stress values by the
modulus of elasticity of concrete at t0, Ec(t0).

Step 2: Free creep and shrinkage of concrete. The distri-
bution of hypothetical free change in concrete strain due to
creep and shrinkage in the period t0 to t is defined by its
value (Decc)free at the centroid of the area of the net con-
crete section, Ac (defined as the gross area minus the area
of the FRP reinforcement, Af, minus the area of the pres-
tressing duct in the case of post-tensioning, or minus the
area of the FRP tendons, Ap, in case of pretensioning) at
y = ycc as shown in Fig. 3, such that

ðDeccÞfree ¼ ueccðt0Þ þ ecs ð7Þ
where ycc is the y coordinate of the centroid of the net con-
crete section, u is the creep coefficient for the period t0 to t,
and ecs is the shrinkage in the same period and ecc(t0) is the
strain at the centroid of the net concrete section given by

eccðt0Þ ¼ e1ðt0Þ þ ðycc � y1Þwðt0Þ ð8Þ
where y1 is the centroid of the transformed area at t0, and
w(t0) is the curvature (slope of the strain diagram) at t0.
Also free curvature is

Dwfree ¼ uwðt0Þ ð9Þ
Step 3: Artificial restraining forces. The free strain calcu-

lated in Step 2 can be artificially prevented by a gradual
application of restraining stress, whose value at any fiber
y is given by
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Fig. 3. Typical prestressed concrete section and the strain diagram
immediately after transfer.
rr ¼ �Ec½ðDeccÞfree þ Dwfreey� ð10Þ
where Ec is the age-adjusted modulus of concrete [5,6], used
to account for creep effects of stresses applied gradually to
concrete and is defined as

Ec ¼
Ecðt0Þ
1þ vu

ð11Þ

The artificial restraining forces, DN at the reference point O

(which is the centroid of the age-adjusted transformed sec-
tion), and DM, that can prevent strain changes due to
creep, shrinkage and relaxation can be defined as

DN ¼ �EcAcðDeccÞfree þ ApD�rpr ð12Þ
and

DM ¼ �EcI cDwfree � EcAcðDeccÞfreeycc þ ypApD�rpr ð13Þ

where Ic, yp, and D�rpr are the second moment of Ac about
its centroid, y coordinate of the centroid of the FRP ten-
dons, and the reduced relaxation stress between times t0

and t. It should be noted that if the section contains more
than one layer of prestresssing tendons, the terms contain-
ing Ap or ypAp should be substituted by the sum of the
appropriate parameters for all layers.

Step 4: Elimination of artificial restraint. The artificial
forces DN and DM can be applied in reversed direction
on the age-adjusted transformed section to give the true
change in strain at O, DeO, and in curvature, Dw, such that

DeO ¼ �DN=ðEcAÞ ð14aÞ
Dw ¼ �DM=ðEcIÞ ð14bÞ

where I is the second moment of A about its centroid and A
is the area of age-adjusted transformed section defined as

A ¼ Ac þ Af

Ef

Ec

� �
þ Ap

Ep

Ec

� �
ð15Þ

where Ef and Ep are the moduli of elasticity for the FRP
reinforcement and tendons, respectively, and the Ec is as
defined in Eq. (11).

Substituting Eqs. (12) and (13) into Eqs. (14) and (15)
gives

DeO ¼ kAðDeccÞfree �
Ap

A

D�rpr

Ec

ð16Þ

and

Dw ¼ kIDwfree þ
kcc

h
ðDeccÞfree �

Apyp

I

D�rpr

Ec

ð17Þ

where

kA ¼
Ac

A
; kI ¼

Ic

I
; kcc ¼

Acycch

I
;

kp ¼ 1� Ep

Ec

Ap

A
þ

Apy2
p

I

 !
ð18Þ

The time-dependent change in strain in prestressing ten-
dons Dep can then be evaluated using Eq. (19) and the
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time-dependent change in stress in prestressing tendons
(described by Eq. (20)) is the sum of EpDep and the reduced
relaxation.

Dep ¼ DeO þ ypDw ð19Þ
Drp ¼ EpðDeO þ ypDwÞ þ D�rpr ð20Þ

Substitution of Eqs. (16) and (17) into Eq. (20) gives an
expression for the long-term prestress loss, Drp, due to
creep, shrinkage, and relaxation as

Drp ¼ Ep kAðDeccÞfree þ yp kIDwfree þ
kccðDeccÞfree

h

� �� �
þ kpD�rpr ð21Þ

It should be noted that the last term in Eq. (21), kpD�rpr, is
zero in the case of prestressed members using CFRP ten-
dons.

3.2. Time-dependent change in concrete stress

The time-dependent change in concrete stress at any
fiber at distance y from O is the sum of the restraining
stress (Eq. (10)) and the stress due to �DN and �DM:

Dr ¼ rr þ EcðDeO þ yDwÞ ð22Þ
1l 2l

Prestressing tendon

(a) 

2l /2l /22l /21l /21

A B C
(b) 

Fig. 4. Two-span continuous prestressed girder. (a) Dimensions and cable
profile; (b) Locations of integration points (sections).
3.3. Long-term deflection

Inaccurate prediction of the change in deflection with time
in concrete bridges can lead to problems with bridge grading
or excessive deflection or camber. In residential buildings or
parking structures, it might cause discomfort to occupants,
or problems such as related to water ponding. The long-term
deflection, DD, of a structural member of a plane frame can
be calculated by numerical integration of the long-term
change in curvatures, Dw (Eq. (17)) at a number of equally
spaced sections. Eqs. (23) and (24) give, respectively, DD at
mid-span in terms of Dw at 3 and 5 sections assuming para-
bolic variation of curvature between sections.

DD ¼ l2

96
ðDw1 þ 10Dw2 þ Dw3Þ ð23Þ

DD ¼ l2

192
ðDw1 þ 6Dw2 þ 10Dw3 þ 6Dw4 þ Dw5Þ ð24Þ
l1 l2

D1

(a) 

A B C

0.5( F ) =
A1

1( F ) =F =1 1.0
B

0.51 C
( F ) =

(b) 

Fig. 5. Analysis by the force method. (a) Released structure and
coordinate system; (b) Moment diagram due to unit value of connecting
moment.
4. Application to continuous girders

Prestressing of continuous beams or frames produces
statically indeterminate bending moments (referred to as
secondary moments). As mentioned previously, e1(t0) and
w(t0) (Eqs. (7)–(9)) represent the strain parameters at a sec-
tion due to dead load plus the primary and secondary
moments due to prestressing. The time-dependent change
in prestress force in the tendon produces changes in these
secondary moments, which are not included in Eq. (21).
This section considers the effect of the time-dependent
change in secondary moments on the prestress loss.
Step 1: Considering a two-span continuous beam, as
shown in Fig. 4(a) where the variation of the tendon profile
is parabolic in each span, the statically indeterminate beam
can be solved by any method of structural analysis (such as
the force method) to determine the moment diagram at
time t0 due to dead load and prestressing.

Step 2: The time-dependant sectional analysis can be
performed as shown previously for each of the three sec-
tions shown in Fig. 4(b) and determine (Dw)i for each sec-
tion, where i = A, B and C.

Step 3: Use the force method to determine the change in
internal forces and displacements in the continuous beam.
The released structure with the shown coordinate system in
Fig. 5(a) can be used. It can be assumed that the change in
angular discontinuity at middle support between t0 and t is
DD1 and that the unknown change in the connecting
moment is DF1. The change in angular discontinuity DD1

is then evaluated as the sum of the two end rotations of
each of the simple spans l1 and l2. Using the method of elas-
tic weights and assuming a parabolic variation of curvature
in each span, DD1 can be expressed as

DD1 ¼
�l1

6
½2ðDwÞA þ ðDwÞB� þ

l2

6
½2ðDwÞC þ ðDwÞB� ð25Þ

Step 4: Due to unit load of the connecting moment
DF1 = 1 that is to be applied gradually on the released struc-
ture from zero at time t0 to unity at time t (Fig. 5(b)), deter-
mine the change in curvature at each section (Dwu1)i as
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ðDwu1Þi ¼ ðDF 1Þi=ðEcIÞi ð26Þ
The age-adjusted flexibility coefficient f 11 can be evaluated
as

f 11 ¼
l1

6
½2ðDwu1ÞA þ ðDwu1ÞB� þ

l2

6
½ð2ðDwu1ÞC

þ ðDwu1ÞB� ð27Þ

Step 5: The change in connecting moment DF1 can be
computed by solving the compatibility equation
f 11DF 1 þ DD1 ¼ 0, i.e.,

DF 1 ¼
�DD1

f 11

ð28Þ

The prestress change (loss or gain) at each section due to
continuity (Drp(cont))i is then

ðDrpðcontÞÞi ¼
Ep

Ec

� �
DM

I
yp

� �
i

ð29Þ

where (DM)i is the change in bending moment at each sec-
tion. Thus, (DM)A = (DM)B = DF1/2 and DMB = DF1.
Consideration of parameters generic to most bridges [7]
has indicated that Drp(cont) is very small relative to Drp

determined by analysis that ignores the time-dependent
changes in these moments.

5. Development of design aids

The geometric coefficients kA, kI, kcc, and kp (Eq. (18))
depend upon the geometry of the section and the material
parameters Ef/Ec(t0), Ep/Ec(t0), and vu. The most common
girder cross sections likely to be used with FRP tendons are
single- or double-T (DT) girders. Therefore, in lieu of using
Eq. (18), design aids for the geometric coefficients for a typ-
ical DT post-tensioned section (Fig. 3) are presented in
Figs. 6 and 7 for sections with CFRP and AFRP tendons,
respectively. In these figures, the ratio of FRP reinforce-
ment in the flange is qf = Af/(bhf), and the ratio of pres-
tressing steel area to area of webs is qp = Ap/(hRbw).
Linear interpolation can be used for qf and qp values not
shown in the graphs.

It is noted that the following assumptions are made in
Figs. 6 and 7: (1) the FRP reinforcement is located at
mid-depth of the flange; Eq. (2) FRP reinforcement in
the webs is ignored; Eq. (3) distance from section top fiber
to centroid of prestressing tendons, dp = 0.8h; Eq. (4) Rbw/
b = 0.2; and Eq. (5) hf/h = 0.10. For sections with CFRP
tendons (Fig. 6), Ef/Ec(t0) = Ep/Ec(t0) = 5.6; whereas for
sections with AFRP tendons (Fig. 7) Ef /Ec(t0) = Ep/
Ec(t0) = 2.6. No graph is presented for kp in Fig. 6 since
relaxation is negligible for CFRP tendons.
6. Illustrative example

The pretensioned girder shown in Fig. 8(a) is subjected to
its self-weight and a prestressing force P at transfer (after
elastic losses) of 2640 kN. The example considers using
CFRP, AFRP, or steel strands to provide the required pres-
tressing force. In each case, the required area of prestressing
strands is calculated and the proposed method is used to
find the long-term prestress loss and the change in concrete
strains and stresses for a section at mid-span. Long-term
deflections at mid-span are then compared in the three
cases. The flange of the DT section is assumed to have
non-prestressed reinforcement of area = 1200 mm2 (0.5%



0.5

0.6

0.7

0.8

0.9

1.0

1 2 3

k I

4

f = 0.2%; p = 1.0%

f = 0.8%; p = 1.0%

f = 0.2%; p = 2.0%

f = 0.8%; p = 2.0%

Fig. 7b. Geometry coefficient, kI, for DT sections with AFRP tendons.

-0.6

-0.4

-0.2

0.0
1 2 3 4

k
cc

f = 0.2%; p = 1.0%

f = 0.8%; p = 1.0%

f = 0.2%; p = 2.0%

f = 0.8%; p = 2.0%

Fig. 7c. Geometry coefficient, kcc, for DT sections with AFRP tendons.

0.6

0.7

0.8

0.9

1.0

1 2 3 4

k p

p  = 1.0%

p  = 2.0%

Fig. 7d. Geometry coefficient, kp, for DT sections with AFRP tendons.

0.7

0.8

0.9

1.0

1 2 3

k A

4

f = 0.2%; p = 1.0%

f = 0.8%; p = 1.0%

f = 0.2%; p = 2.0%

f = 0.8%; p = 2.0%

Fig. 7a. Geometry coefficient, kA, for DT sections with AFRP tendons.

1058 S.A. Youakim, V.M. Karbhari / Construction and Building Materials 21 (2007) 1052–1060
Af) of the same material used for prestressing strands. For
long-term effects, it is assumed that ecs = �400 · 10�6, vu
varies from 1 to 4, Ec(t0) = 25 GPa, and v = 0.8. Other
details of material properties are listed in Table 1, where
aps and ans are the ratio of modulus of elasticity of prestress-
ing and non-prestressed steel to Ec(t0), respectively.

The required areas of prestressing tendons of materials
listed in Table 1 are determined using the allowable stresses
for CFRP and AFRP according to ACI 440.4 [1] and the
allowable values for steel according to AASHTO-LFRD
[8]. The reduced relaxation Drpr for AFRP was calculated
using Eq. (3), assuming vr = 0.95. D�rpr for steel was calcu-
lated according to AASHTO-LFRD [8] for low-relaxation
strands with vr = 0.7.

Table 2 summarizes the analysis results using the pro-
posed method for the case of vu = 2.0. The changes in
strains and stresses for the case of CFRP tendons with
vu = 2.0 are depicted in Fig. 8(b). The absolute values of
long-term prestress losses, Drp, are compared in Fig. 9.
In each case, Drp was calculated using Eq. (21) with the
coefficients kA, kI, kcc, and kp obtained by interpolation
from Figs. 6 and 7. It should be noted that an increase in
vu essentially represents an increase in the creep coefficient
u since v is assumed to have a constant value of 0.8. As
expected, Drp increases with the increase in vu, with the
case of using steel strands being the largest, followed by
CFRP then AFRP. This is mainly because of the difference
in their respective moduli of elasticity. For instance at
vu = 2.0, the ratio of Drp for CFRP to that of steel is
0.69 (see Table 2), which is almost equal to the ratio of
their respective moduli of elasticity Ef(CFRP))/Es = 0.7.
However, this is not the case when comparing Drp for
CFRP and AFRP where the ratio of Drp for AFRP to that
of CFRP is 0.75, whereas Ef(AFRP)/Ef(CFRP) = 0.46.
This is because of the additional prestress loss due to relax-
ation in AFRP strands. It is thus seen that, applying the
same empirical equations used to predict prestress loss in
steel strands to FRP strands cannot yield accurate or even
reasonable results in all cases.

The coefficient X (Eq. (6)) for the case of AFRP tendons
varies from 0.1 to 0.2 as vu increases from 1 to 4. From
Fig. 1 with k = 0.4, it can be found that v r varies from
0.97 to 0.94; therefore, the assumption of vr = 0.95 made
earlier would appear to be reasonable.

The residual compression stress in concrete after an
extended period of time at critical locations (bottom fibers
for sections at mid-span and top fibers for sections at
support) is of particular importance since these are the loca-
tions that are most susceptible to cracking under additional
live load. Eq. (22) is used to estimate the change in concrete
stress at the extreme bottom fiber in a section at mid-span.



Fig. 8. Pretensioned girder analyzed in the example (a) Geometric dimensions and (b) strains and stresses at transfer and final for the case of using CFRP
tendons and vu = 2.0.

Table 1
Properties of CFRP, AFRP, and steel prestressing tendons considered in the illustrative examples

ap = af or aps = ans fpu (MPa) Allowable stress after transfer Ap or Aps (mm2) rp0 (MPa) D�rpr (MPa)

CFRP 5.6 2000 0.6fpu 2400 1100 0
AFRP 2.8 1200 0.40fpu 5000 528 �25
Steel 8.0 1860 0.7fpu 2400 1100 �50
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This change in concrete stress is added to the initial stress at
transfer to give the final concrete stress rbot(final) after an
extended period of time, which is shown in Fig. 10. The
immediate stresses are slightly different because of the var-
iance in the moduli of elasticity of each material and in
the area of prestressing strands (in case of AFRP tendons).
The absolute value of the residual concrete compression
Table 2
Analysis results for the case of vu = 2

CFRP AFRP Steel

rtop(t0) (MPa) �2.51 �2.54 �2.47
rbot(t0) (MPa) �10.28 �10.45 �10.03
DeO �7.988 · 10�4 �7.665 · 10�4 �7.429 · 10�4

Dw(/mm) �4.497 · 10�7 �1.926 · 10�7 �3.356 · 10�7

Drtop (MPa) 0.036 �0.39 0.17
Drbot (MPa) 2.76 4.60 3.68
rbot(final) (MPa) �2.47 �2.93 �2.30
rtop(final) (MPa) �7.52 �5.85 �6.35
Drps (MPa) �140.9 �105.6 �203.5
DD (mm) �26.98 �11.56 �20.14
decreases with the increase of creep values. The decrease
in compression was the smallest and the greatest in the cases
of CFRP tendons and AFRP tendons, respectively.
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Fig. 9. Effect of creep on long-term prestress loss in concrete girder with
CFRP, AFRP or steel tendons.



-12.0

-8.0

-4.0

0.0
0 1 2 3 4

χϕ

σ
ob

t
(f

in
al

)

Steel
CFRP

AFRP

Immediate

Fig. 10. Effect of creep on the residual concrete stress at the extreme
bottom fiber of prestressed concrete girder with CFRP, AFRP or steel
tendons.

20

30

40

50

60

70

0 1 2 3 4
χϕ

naps-di
M

b
ma

C
)

m
m(

re

SteelCFRP

AFRP

Immediate

10
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The long-term change in curvature Dw is used to calcu-
late the long-term deflection DD (Eq. (23)) and the total
absolute deflection (immediate plus long-term) at mid-span
is plotted in Fig. 11 for the three cases. The immediate
deflection was about 20 mm upward (camber) for the three
cases. The girder prestressed with CFRP showed the largest
increase in camber with time, followed by steel and AFRP.
This is because of the relaxation effects in steel and AFRP
tendons, which tend to produce downward deflection in
simply supported girders. Had the initial deflection been
downward (the downward deflection due to dead load is
larger than the upward deflection due to prestressing), the
girder with AFRP tendons would have displayed the larg-
est increase in downward deflection. Again, this clearly
shows that adopting empirical multipliers as recommended
by current codes of practice to estimate the long-term
increase in deflection does not produce reliable results in
all cases.
7. Summary

A simple method is presented to estimate the long-term
prestress loss in continuous concrete girders with FRP
tendons as well as the time-dependent change in concrete
stresses and deflections at critical sections assuming
uncracked conditions. The method presented can be easily
programmed using hand-held calculators or computer
spread sheets. A simple graphical tool is proposed to cal-
culate the reduced relaxation coefficient vr for AFRP ten-
dons to be used in applying the method to prestressed
girders with AFRP tendons and a value of vr = 0.95 is
suggested for practical purposes. For the most common
DT prestressed girders used in practice, design aids are
presented to further simplify the method for practicing
engineers.

The long-term prestress loss in concrete girders pre-
stressed with FRP tendons is less than that when using steel
tendons, mainly because of the lower moduli of elasticity of
FRP. The time-dependent change in concrete stresses and
deflection can be either smaller or greater than those of
comparable girders prestressed with steel tendons, depend-
ing on the type of FRP tendons and the initial stress profile
(due to dead load and prestressing) of the prestressed cross-
section at member mid-span.
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